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Abstract. The power transformer is a key device in the power grid systems. The mechanical 
degradation of windings represented by the clamping force looseness will cause the decline of the 
short circuit withstand ability, and cause further damages. This paper proposes a clamping force 
diagnosis method for operating windings based on the study of the vibration response. In the 
theory part, the influence of the load current on the natural frequency of windings is discussed, 
and the influence of the natural frequency change on the steady-state vibration response is studied 
to obtain the vibration feature related with the clamping force. The subspace method is used to 
fuse two vibration sequences with the same characteristics to eliminate the measurement error. In 
the experiment, the free vibration test was performed on a short circuit on-load winding structure. 
It was proved that the natural frequency change can be extracted from the relationship between 
the amplitude change of the 100 Hz component and the current change. In the field tests, the 
vibration sequences of two typical transformers were compared, and the results show that the 
vibration feature extracted from the relationship between the amplitude variation and the current 
change contains the structural information of windings. 
Keywords: clamping force, fault diagnosis, transformer winding, vibration fusion, subspace 
method. 

1. Introduction 

As the key equipment in power grids, the reliability and safety of power transformers have 
always been the focus of field maintenance. At present, the frequency response analysis (FRA) 
and short-circuit impedance measurement are widely used to diagnose winding faults [1-3]. 
However, the disadvantage is that the measurement can only be carried out when the transformer 
is switched off. Dissolved gas analysis (DGA) can perform real-time monitoring of the gas 
composition in the insulating oil [4], and identify whether discharge or high temperature 
phenomena occur inside the tank, but it is not sensitive to the winding deformation, pressboard 
misalignment and other faults that do not produce gas. The current studies show that the clamping 
force reduction will degrade the short-circuit strength of the winding mechanical structure, which 
is one of the main causes of transformer damages [5, 6]. Therefore, a fault diagnosis approach for 
transformer windings that moves from offline to online is urgently needed. 

The vibration-based fault diagnosis method for power transformers has attracted more and 
more attentions [7, 8]. It was proved that the transformer vibration is mainly caused by the 
magnetostrictive force in the core and the electromagnetic force in the windings [9]. The core 
vibration is related with the magnetostrictive phenomenon. Under the assumption that the 
transformer operates at a fixed voltage, the vibration of the iron core is constant, and contains 
100 Hz component and its harmonics. The electromagnetic force is mainly produced by the 
interaction of current and leakage magnetic flux, whose frequency is mainly at 100 Hz. Besides, 
the steady-state response under harmonic excitation is affected by the structural parameters of 
windings. 

https://crossmark.crossref.org/dialog/?doi=10.21595/jve.2021.22162&domain=pdf&date_stamp=2021-11-26
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Early in 1980, Hori et al. simplified the winding structure into a multi-degree-of-freedom 
model, and two methods were used to calculate the axial vibration of transformer windings under 
short circuit conditions [10]. Wang et al. established a 110 kV transformer model by the 
finite-element method, and the dynamic features of the winding vibrations were obtained through 
magnetic-structural coupling analysis [11]. Although the nonlinear mechanical characteristics of 
the insulations was taken into account, neither the influence of electromagnetic force on natural 
frequency nor the load-dependent harmonic response was mentioned. Wang and Zhang applied 
operational modal analysis to the identification of structural parameters [12, 13]. However, the 
assumption that the windings are randomly excited by Gaussian white noise is impossible for field 
transformers. We have analyzed the influence of the electromagnetic force on the winding modal 
parameters through experiments and finite element simulation [14, 15]. Therefore, it is important 
to understand the relationship between steady-state vibration and load current for operating 
transformers. 

The steady-state vibration acquired from the transformer tank has periodic characteristics. Ji 
and Garcia et al. established the relationship between the fundamental frequency vibration and the 
input parameters such as current, voltage and oil temperature [16, 17]. It was proved that the 
fundamental frequency component is related with the winding condition. Hong et al. proposed a 
winding fault diagnosis model based on the vibration correlation of the measuring points on the 
tank [18]. Besides, the harmonic component of the steady-state vibration plays an important role 
in winding fault diagnosis. Bartoletti et al. proposed several health metrics for transformers based 
on the weighted harmonic amplitudes of the acquired vibrations, and it was proved that the high 
frequency harmonics are significant for the anomalous transformers [19]. We have proposed a lot 
of signal-based feature extraction methods through statistical analysis of a large number of field 
transformers, such as harmonic complexity and vibration similarity analysis [20]. In recent years, 
with the development of modern signal processing methods, variational mode decomposition 
(VMD) and empirical wavelet analysis were used to decompose the original vibration into 
different functions [21, 22]. However, these methods mainly focus on the non-stationary 
components of the transformer vibration, which are especially suitable for dealing with the 
vibrations of anomalous transformers. 

In our previous studies [14, 15], the relationship between load current and natural frequency 
change under different clamping forces is obtained by finite element simulation and laboratory 
experiments. In this study, we focus on the amplitude change of the vibration response under 
harmonic excitations, and the related feature extraction procedure is proposed. In the laboratory 
experiment, the relationship between the vibration feature of the fundamental frequency and the 
load variation was presented for the first time. In the field tests, the variation of the vibration 
harmonic amplitude with load was investigated, and the feature extracted from typical samples 
were compared. Because the accuracy of the extracted vibration feature is limited by the sensor 
accuracy, the data fusion of two signals sourced from the same windings is carried out. The 
subspace-based method is used to eliminate measurement error and improve the accuracy of 
winding condition assessment [23]. 

2. Vibration model of operating windings 

2.1. Influence of load current on natural frequency change 

The disk-type winding structure of power transformers is illustrated in Fig. 1, which is 
composed of uniformly distributed coils and pressboards. Normally, the coil consists of copper 
conductors wrapped by insulating paper. It is proved that this symmetrical structure can be 
simplified into a multi-degree-of-freedom (MDOF) mathematical model. In the model, 𝑚 
represents the mass of a coil, and the insulation material is represented by the combination of 
stiffness (𝑘) and damping (𝑐). The above three parameters are known as the mechanical parameters 
of the windings. In addition, 𝑓௜ and 𝑥௜ represent the electromagnetic force and displacement of the 
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𝑖-th coil, respectively. The winding unit is fixed between the upper and bottom yoke. The bottom 
yoke is fixed to the transformer tank, whose displacement can be considered as zero. The upper 
clamp provides a constant axial clamping force. 

 
Fig. 1. Mathematical model of transformer windings 

Assuming that the stiffness of the iron core and the yoke is large enough, the vibration model of 
the windings in the axial direction can be described as follows: 𝐌ሼ𝑥ሷ ሽ + 𝐂ሼ𝑥ሶ ሽ + 𝐊ሼ𝑥ሽ = ሼ𝑓ሽ, (1)

where 𝐌, 𝐂 and 𝐊 are mass, damping and stiffness matrices respectively, ሼ𝑥ሽ and ሼ𝑓ሽ are 
displacement vector and electromagnetic force vector, respectively. Unlike the static winding 
model, the operating winding is influenced by the load-varying electromagnetic force when the 
transformer is switched on. It is proved that the electromagnetic force is proportional to the square 
of the current [17]: 𝑓௜ሺ𝑡ሻ = 𝐹௜ሾ1 − cosሺ2𝜔𝑡ሻሿ,     𝐹௜ ∝ 𝐼ଶ, (2)

where 𝐹௜ means the force amplitude of the 𝑖-th coil. In this study, we focus on the DC component 
which changes the axial force distribution: 𝑓௜஽஼ሺ𝑡ሻ = 𝐹௜ ∝ 𝐼ଶ. (3)

As is proved in the previous study [25], the stress-strain property of the insulations can be 
defined as: 

𝑘 ∝ 𝑑𝜎𝑑𝜀 ,     𝜎 = 𝑎𝜀 + 𝑏𝜀ଶ,     ሺ𝜀 > 0ሻ, (4)

where 𝜀 and 𝜎 are the strain and stress of the insulations, respectively, and 𝑎 and 𝑏 are constant 
coefficients. The natural frequency is related to the equivalent stiffness and mass, and 𝛾 is a 
constant coefficient: 

𝜔௡ = 𝛾ඨ𝑘𝑚 ,     𝑘 ∝ ሺ𝑎 + 2𝑏𝜀ሻ. (5)

Next, the derivative of 𝜔௡ with respect to 𝜎 is obtained as: 
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Δ𝜔௡Δ𝜎 ∝ 𝛾 ⋅ 𝜀𝑘ିଵ.ହ𝑚଴.ହ. (6)

Finally, the ratio without 𝛾 is obtained by combining Eqs. (5) and (6): Δ𝜔௡𝜔௡ ∝ 𝜀𝑘ିଶ𝑚 ⋅ Δ𝜎,     Δ𝜎 ∝ Δሺ𝐼ଶሻ. (7)

Previous work has shown that the natural frequency of the winding structure is related to the 
electromagnetic force in the axial direction [15]. The normal winding structure usually has a 
relatively large clamping force. Therefore, the related stiffness is large, and the electromagnetic 
force can hardly change the natural frequency. In contrast, the natural frequency of the loose 
windings is more susceptible to the current change. In this study, we focus on the steady-state 
vibration response of an on-load windings under harmonic excitation, and the variation of the 
harmonic amplitude caused by load change is studied. 

2.2. Influence of natural frequency change on steady-vibration 

For an operating transformer, the vibration signal collected from the tank contains 100 Hz 
component and its harmonics. In this section, a simplified single degree-of-freedom (SDOF) 
system is used to demonstrate the mechanism of the amplitude change caused by the natural 
frequency change. Assume that the SDOF system shown in Fig. 1 is subjected to a sinusoidal force 
with amplitude 𝐹 and angular frequency 𝜔: 𝑚𝑥ሷ + 𝑘𝑥 = 𝐹sinሺ𝜔𝑡ሻ. (8)

The related steady-state response is: 

𝑥ሺ𝑡ሻ = 𝑋sinሺ𝜔𝑡ሻ,    𝑋 = 𝐹/𝑘1 −𝜔ଶ/𝜔௡ଶ. (9)

The amplitude reaches the maximum value when 𝜔 is close to 𝜔௡. In order to study the 
influence of natural frequency change on amplitude, the derivative of 𝑋 with respect to 𝜔௡ is 
obtained as: Δ𝑋Δ𝜔௡ ≈ 𝑑𝑋𝑑𝜔௡ = −2𝐹𝑘 𝜔ଶ𝜔௡(𝜔௡ଶ − 𝜔ଶ)ଶ. (10)

The ratio of natural frequency change to natural frequency can be obtained by combining 
Eq. (9) and Eq. (10), and the displacement amplitude 𝑋 is replaced by the acceleration 
amplitude 𝐴: Δ𝜔௡𝜔௡ ≈ − 𝐹2𝑘 Δ𝑋𝑋ଶ 𝜔௡ଶ𝜔ଶ = − 𝐹2𝑚Δ𝐴𝐴ଶ . (11)

If the force amplitude 𝐹 remains constant between two measurements. Substitute Eq. (7) into 
Eqs. (11) to simplify the amplitude change as: 𝐴𝐶𝑅 = Δ𝐴𝐴ଶ 𝐹 ∝ 2𝜀𝑘ିଶ𝑚ଶΔ(𝐼ଶ). (12)

Here, a new vibration feature 𝐴𝐶𝑅 (amplitude change rate) is introduced, which is proportional 
to the change of current square, and the relationship contains the information of the winding 
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clamping force (𝑘 and 𝜀). Note that the current value should be normalized first, whose range is 
from 0 to 1.  

In the laboratory on-load experiment, the electromagnetic force is the only source of the 
winding vibrations, which has two roles. On one hand, it changes the axial clamping force, and 
further changes the natural frequency. On the other hand, it produces a sinusoidal response as an 
excitation force at 100 Hz. If the current change is slight between two adjacent measurements in 
the process of load current regulation, the force amplitude 𝐹 is treated as a constant value. So, the 
approximate 𝐴𝐶𝑅 value for the 100 Hz vibration is given as: 

𝐴𝐶𝑅 ≈ Δ𝐴𝐴ଶ 𝐼ଶ ∝ 2𝜀𝑘ିଶ𝑚ଶΔ(𝐼ଶ). (13)

The aforementioned model is based on a SDOF system. However, the actual winding structure 
is a MDOF system. Because the harmonic components higher than 100 Hz are almost generated 
by the magnetostrictive force in the core, the excitation force above 200 Hz remains unchanged 
when the voltage of the transformer keeps fixed. According to Eq. (12), the 𝐴𝐶𝑅 is associated 
with the amplitude and force regardless of frequency, and Eq. (14) is satisfied for any excitation 
force and harmonic amplitude: 𝐴𝐶𝑅 = Δ𝐴ଶ଴଴ୌ୸𝐴ଶ଴଴ୌ୸ଶ 𝐹ଶ଴଴ୌ୸ = Δ𝐴ଷ଴଴ୌ୸𝐴ଷ଴଴ୌ୸ଶ 𝐹ଷ଴଴ୌ୸. (14)

In fact, it is difficult to get the exact distribution of the magnetostrictive force. In this study, 
only the maximum amplitude 𝐴௠௔௫ in the frequency range is taken into account. It is assumed that 
the transformers with the same voltage level have similar magnetostrictive force distribution, and 
the 𝐹௠௔௫ is normalized to 1. Next, the 𝐴𝐶𝑅 value for an operating transformer is defined as: 

𝐴𝐶𝑅 ≈ Δ𝐴୫ୟ୶𝐴୫ୟ୶ଶ ∝ Δ(𝐼ଶ). (15)

In the application of this method, two requirements should be satisfied to obtain an accuracy 
result. First, only the transformers with similar structure are selected to make sure 𝐹௠௔௫ is close. 
Second, in order to acquire the vibration response of windings, the accelerometers should be fixed 
on the tank close to the windings. Then, the clamping force can be approximately evaluated by 
the relationship between 𝐴𝐶𝑅 and current change. 

2.3. Field applications 

In the field tests, six accelerometers are arranged on one side of the transformer tank, whose 
locations are illustrated in Fig. 2. The sensors in one column are related to one winding unit, whose 
positions are symmetrical with respect to the winding center. In addition, the sensor location 
should be close to the winding end which is subjected to a large electromagnetic force. The 
vibration and current signals are acquired synchronously at 10 kHz sampling rate. The data 
acquisition device records one-second data every minute, and the measurement continues for more 
than 24 hours to cover the entire load range. 

The vibration acquired from the transformer tank is a mixed signal, and we focus on the 
harmonic components with frequencies larger than 100 Hz. Based on the aforementioned theory, 
the vibration features of each location can be extracted by using the procedures shown in Fig. 3. 𝐴௜௛ is the amplitude of the ℎ-th harmonic at time index 𝑖, which has a negative value when the 
absolute value of the amplitude and the current RMS change synchronously, otherwise it has a 
positive value. The time point number 𝑁௧ depends on the sampling interval. For example, if the 
interval is set to one hour, 𝑁௧ is 24 for a one-day period. Since the vibration component is mainly 



THE VIBRATION RESPONSE OF TRANSFORMER WINDINGS UNDER HARMONIC EXCITATIONS AND ITS APPLICATIONS.  
QIAN XIN, HUI YIN, FEIYAN ZHOU, SHIZHE WANG, KAIXING HONG, SUAN XU 

208 JOURNAL OF VIBROENGINEERING. MARCH 2022, VOLUME 24, ISSUE 2  

concentrated in the range of 0 to 1000 Hz, the harmonic number 𝑁௛ is set to 10. The 𝐴𝐶𝑅 and 𝐷𝐹 
sequences are obtained by comparing the harmonic amplitudes and currents in a loop. In addition, 
each element in the 𝐷𝐹 sequence represents the electromagnetic force change between two 
selected samples. 

 
Fig. 2. Sensor arrangement in the field tests 

 
Fig. 3. Flowchart of the vibration feature extraction procedure 

2.4. Vibration feature fusion 

The accuracy of the 𝐴𝐶𝑅 sequence is highly restricted by the accelerometer sensitivity. 
According to the relationship between the 𝐴𝐶𝑅 sequence and 𝐷𝐹 sequence, the subspace method 
is used as the feature fusion approach to decrease the influence of measurement noise. Suppose 𝑣௜ 
and ℎ௜ are the observation vector and the hidden sate vector at time 𝑖, respectively. Here, 𝑣௜ 
consists of the 𝑖-th element in the 𝐴𝐶𝑅 sequence from several related sensors. The length of the 
vector ℎ௜ is an undetermined parameter, which is denoted as 𝑙௞, Then, the deterministic linear 
dynamical system is expressed as: 
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ℎ௜ = 𝐃ℎ௜ିଵ,     𝑣௜ = 𝐁ℎ௜ , (16)

where D and B are the transition matrix and emission matrix, respectively. Next, the general form 
of 𝑣௜ is shown as: 𝑣௜ = 𝐁ℎ௜ = 𝐁𝐃ℎ௜ିଵ = 𝐁𝐃௜ିଵℎଵ. (17)

The related Hankel matrix is formed from the stacking consecutive observation vectors. If the 
observation length is 6, and the stacking order is 3, then the Hankel matrix is: 

𝐌 = ൥𝑣ଵ𝑣ଶ𝑣ଷ 𝑣ଶ𝑣ଷ𝑣ସ 𝑣ଷ𝑣ସ𝑣ହ 𝑣ସ𝑣ହ𝑣଺൩. (18)

According to Eqs. (17), the matrix 𝐌 can be expressed as: 

𝐌 = ൥ 𝐵𝐵𝐷𝐵𝐷ଶ൩ ሾℎଵ ℎଶ ℎଷ ℎସሿ. (19)

Next, SVD decomposition is performed on 𝐌: 𝐌 = 𝐔𝐖,     𝐖 = 𝐒𝐕். (20)𝐖 is named as the extended observability matrix. Ideally, the matrix 𝐒 contains the singular 
values up to the dimension of the hidden variables, and the remaining singular values equal zero. 
The hidden variables can be estimated by the product of two submatrices as: ሾℎଵℎଶℎଷℎସሿ = 𝐒(1: 𝑙௞, 1: 𝑙௞)𝐕்(: ,1: 𝑙௞). (21)

Finally, the output reconstruction matrix is defined as: 𝐘 = 𝐔(1:𝑁, 1: 𝑙௞) ∗ 𝐒(1: 𝑙௞, 1: 𝑙௞)𝐕்(: ,1: 𝑙௞), (22)

where 𝑁 is the number of vibration channels. If 𝑙௞ = 1, the reconstructed signals of all channels 
have the same pattern. However, the difference among the output signals gradually increases as 
the 𝑙௞ value increases. 

2.5. Total scheme 

The proposed online fault diagnosis method for power transformers is summarized in Fig. 4. 
First, the multi-channel vibrations and current signals should be acquired synchronously. Next, 
the feature extraction procedure is carried out as is shown in Fig. 3. In this study, the extracted 
sequences are obtained from the data set of 24 hours. Next, the feature fusion scheme is performed 
on the related channels, such as point 1 and point 2 in Fig. 2. In the final step, the relationship 
between the reconstructed vibration sequence and force change sequence is evaluated, which is 
used to assess the winding conditions. 

3. Experimental verification 

3.1. Experimental setup 

The power transformer is a kind of high voltage equipment, whose service life is more than 10 
years. Therefore, it is impossible to perform a run-to-failure test on an in-service transformer. In 
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the laboratory experiment, a 10 kVA single-phase transformer model was adopted to verify the 
influence of load current on the steady-state vibration of windings under different conditions, 
which is shown in Fig. 5. The rated voltage of the high-voltage terminal and the low-voltage 
terminal is 415 V and 240 V, respectively. The on-load experiment was carried out on the 
transformer by short-circuiting the low voltage side, and applying voltage to the high-voltage 
terminal. During the experiment, the current was adjusted from 0 % to 100 % by AC voltage 
regulator. In order to ensure the safety of the experiment, the input voltage should not exceed 
48 V. During the experiment, the fifth coil was selected as point 1, and the symmetric 20-th coil 
was selected as point 2. According to the FEM simulation results in [14], the location of the 
measuring point has no effect on the natural frequency change of the obtained vibration. The 
impact hammer was used to excite the winding in the vertical direction. The accelerometers PCB 
356A03 were fixed on the coil by adhesive, and the data acquisition instrument B&K 3560C 
recorded the vibration signal before and after the impact. In the process of clamping force 
adjustment, the torque wrench applied a specific torque through the tightening bolt, and 2.4 MPa 
stress on the pressboard is regarded as a 100 % clamping force. 

 
Fig. 4. Flowchart of the winding fault diagnosis procedure 

 
Fig. 5. Experimental platform of operating windings 

3.2. Data analysis and discussions 

Taking the vibration signal under 30 % clamping force and 100 % current as an example, the 
vibration of point 1 in the time-frequency domain is shown in Fig. 6. The signal not only contains 
the steady-state characteristics of the windings under 100 Hz electromagnetic force, but also 
contains the free vibration characteristics after an impact. The vibration contains two kinds of 
information. First, according to Eq. (13), the 100 Hz amplitude of the steady state vibration is used 
to explore the relationship between load change and amplitude change. Second, as is shown in 
Eq. (7), the relationship between load change and natural frequency change can be obtained by 
analyzing the free vibration. 
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Fig. 6. The vibration in the time-frequency domain 

The frequency response function (FRF) is defined as the ratio of the output response to the 
exciting force of the hammer. Fig. 7 shows the effect of load current on FRFs under loose stress 
conditions, and only one peak is illustrated. The clamping force of the normal windings is 100 % 
(about 2.4 MPa), while the clamping force of the loose windings is 30 %. The peak in the FRF 
curve is regarded as a natural frequency of the winding structure, and the natural frequency change Δ𝜔௡ means the peak movement between static state and full load. Because point 1 and point 2 are 
centrosymmetric, they contain similar vibration information. 

 
Fig. 7. Influence of current on FRFs of loose windings 

The natural frequency change under different clamping force is summarized in Fig. 8, which 
is obtained by calculating the peak movements of the FRFs. Obviously, the natural frequency 
change is zero under 100 % clamping force, However, as the frequency increases, the natural 
frequency change becomes more significant under 30 % clamping force. According to Eq. (7), the 
ratio of natural frequency change to natural frequency is related to the equivalent stiffness, which 
can be treated as a health parameter for clamping force assessment. 

The 100 Hz steady-state vibrations are widely studied in the previous research. The 100 Hz 
vibration amplitudes under different loads are shown in Fig. 9. It was proved that the amplitude is 
proportional to the square of the current [16, 17]. 

As is defined in Eq. (13), we extract the parameter 𝐴𝐶𝑅 from two adjacent measurements. 
Fig. 10 shows the relationship between the 𝐴𝐶𝑅 value of 100 Hz component and the change of 
current squared for point 1. According to Eq. (13), the slope of the fitted line is related to the 
equivalent stiffness of the structure. The greater the clamping force, the smaller the slope value. 
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Fig. 8. Natural frequency change due to load change 

 
Fig. 9. 100 Hz vibration amplitude as a function of current 

   
Fig. 10. Influence of current change on vibration feature 
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Based on the above results, two parameters for operating windings are extracted: the ratio of 
natural frequency change to natural frequency at rated current (Δ𝜔௡/𝜔௡), and the 𝐴𝐶𝑅 slope under 
harmonic excitation. The relationship between natural frequency change and clamping force is 
shown in Fig. 11. When the clamping force is greater than 70 %, the natural frequency hardly 
changes with load. Referring to Fig. 10, the 𝐴𝐶𝑅 slopes of point 1 and point 2 under different 
clamping forces are extracted, and the results are also shown in Fig. 11. According to Eq. (7) and 
Eq. (12), two parameters are both related to the equivalent stiffness 𝑘, so the red fitted curves have 
the same trend. 

 
Fig. 11. Relationship between vibration features and clamping force 

4. Field applications 

4.1. Transformer samples 

In the field applications, two typical 110 kV power transformers are selected, one is a normal 
sample, and the other is a degraded sample. The model of the normal transformer is 
SZ10-50000/110, which has been in use for only three years, and no anomaly was found during 
routine condition monitoring. The model of the degraded transformer is SZ9-40000/110, which 
has suffered many short-circuit impacts in the past 12 years. According to the short-circuit 
impedance (SCI) test results, the SCI change rates of three individual windings of the degraded 
transformer are 0.81 %, 1.08 % and 1.24 %, respectively. In contrast, the SCI value of the normal 
transformer is close to 0. In the field test, the vibrations of six points were acquired synchronously, 
and the vibrations in the time and frequency domain of one point (Point 1) are shown in Fig. 12 
and Fig. 13 respectively. The current RMS trend for each transformer is also included in the 
figures, and the frequency components under maximum load and minimum load are compared. 
The vibration of the normal transformer mainly concentrates at 400 Hz, and that of the degraded 
transformer mainly concentrates at 300 Hz. However, there is no evidence that the amplitude and 
frequency of the harmonics can be used as a diagnostic parameter. 

In order to show the change of the vibration frequency with load, the centroid frequency within 
the frequency range from 0 to 1000 Hz is defined as: 𝐹𝐶 = ෍ (𝐴௙ଶ ⋅ 𝑓)௙ ෍ 𝐴௙ଶ௙൘ , (23)

where 𝐴௙ represents the vibration amplitude at frequency 𝑓. According to Fig. 12 and Fig. 13, the 
load trends of two transformers over 24 hours are similar. Fig. 14 compares the centroid frequency 
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trends of the selected points over 24 hours. The centroid frequency of the normal transformer 
changes slightly with load, and the fluctuation is within 20 Hz. In contrast, the centroid frequency 
of the degraded transformer changes dramatically with load, and the fluctuation is larger than 
100 Hz. 

 
Fig. 12. Steady-state vibrations of the normal transformer 

 
Fig. 13. Steady-state vibrations of the degraded transformer 

4.2. Data analysis and discussions 

Based on the vibration monitoring data, the 𝐴𝐶𝑅 sequence and 𝐷𝐹 sequence of each point are 
extracted according to the flow chart shown in Fig. 3. Both point 1 and point 2 are related to the 
same winding structure (Phase A), which are selected as the input of the feature fusion. The feature 
sequence length is 1128 when 𝑁௧ = 24. Fig. 15 shows the 𝐴𝐶𝑅 sequence and 𝐷𝐹 sequence of the 
normal transformer. In the figure, the sequence after fusion and the original sequence are 
compared. According to the flowchart in Fig. 3, the 𝐴𝐶𝑅 sequence is obtained by using cycle 
compare method, which has obvious periodicity. It is proved that the subspace-based method can 
effectively remove the noise and keep the useful information. 
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Fig. 14. Comparison of the centroid frequency trends 

 
Fig. 15. ACR sequences before and after feature fusion 

Fig. 16 shows the effect of the hidden sate vector length 𝑙௞ on the fusion results. 𝑙௞ = 1 means 
only the first principal component is retained. In other words, the sequences from two points are 
combined into one. However, the difference of two points after fusion becomes significant as the 𝑙௞ value increases. In this paper, the stacking order is three times the 𝑙௞ value. 

As is shown in Fig. 17, the relationship between 𝐴𝐶𝑅 sequence and 𝐷𝐹 sequence for the 
normal transformer is represented by a scatter graph, and the results under different fusion 
parameters are also compared. The red fitted line is obtained by the least square method, which 
passes through the origin of coordinates. According to Eq. (12) and Eq. (15), the slope of the fitted 
line is related to the equivalent stiffness, which can be used to assess the winding clamping force. 
The parameter RMSE (root mean square error) between the measurement points and the fitting 
results is used to evaluate the fusion effect. Table 1 lists the corresponding results of Fig. 17. 
Compared with the raw data, the feature fusion can effectively reduce the RMSE value and 
improve the fitting accuracy.  
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Fig. 16. Influence of the vector length on the fusion results 

 
Fig. 17. Vibration feature distribution for the normal transformer 

Table 1. Vibration features for the normal transformer 
 Original data Fusion (𝑙௞ = 1) Fusion (𝑙௞ = 16) 

Location Slope RMSE Slope RMSE Slope RMSE 
Point 1 2.63 0.41 2.90 0.28 2.79 0.34 
Point 2 1.97 0.29 2.08 0.20 2.02 0.24 
Point 3 1.84 0.21 1.67 0.17 1.65 0.19 
Point 4 1.51 0.12 1.34 0.09 1.34 0.10 
Point 5 1.46 0.17 1.65 0.08 1.59 0.11 
Point 6 2.01 0.16 1.98 0.13 2.01 0.14 

Referring to our previous study in [20], 20 healthy transformer samples are selected, and the 
related 𝐴𝐶𝑅 slopes are shown in Fig. 18. Note that each transformer has six sensors, which 
correspond to six samples in the figure. Finally, 100 samples are obtained after the invalid data is 
discarded. The Gaussian function model is used to fit the sample distribution, and the related 
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probability density function is also shown in the figure. The statistical results show that the average 
value is 2, which is close to the feature value of the typical sample. 

 
Fig. 18. Vibration feature distribution for normal transformers 

Fig. 19 illustrates the relationship between 𝐴𝐶𝑅 sequence and 𝐷𝐹 sequence for the degraded 
transformer. The related slope and RMSE values are concluded in Table 2. Refer to the trend of 
the 𝐴𝐶𝑅 slope with clamping force shown in Fig. 11, the larger the 𝐴𝐶𝑅 slope value, the smaller 
the clamping force for the windings with similar structure. The slope values of the degraded 
transformer are larger than that of the normal transformer, which indicates that the degraded 
transformer may have loose winding structure. This conclusion is consistent with the results of the 
SCI approach. 

 
Fig. 19. Vibration feature distribution for the degraded transformer 

In this section, the vibration features from two typical field transformers are analyzed, and 
both transformers have the maximum vibration amplitude at 300 Hz or 400 Hz. The vibration of 
the degraded sample changes more significantly under similar load fluctuation, which corresponds 
to a greater 𝐴𝐶𝑅 slope. The vibrations from 20 normal transformers are investigated to show the 
dispersion of different samples. The statistical results show that the selected normal transformer 
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is representative of all normal transformers of the same voltage level. The feature fusion approach 
can reduce noise effectively. When 𝑙௞ = 1, the input sequences are combined into one, which 
results in a minimum fitting error. 

Table 2. Vibration features for the degraded transformer 
 Original data Fusion (𝑙௞ = 1) Fusion (𝑙௞ = 16) 

Location Slope RMSE Slope RMSE Slope RMSE 
Point 1 16.0 2.33 13.0 1.64 12.4 1.68 
Point 2 12.6 2.68 12.4 1.57 12.8 1.97 
Point 3 17.1 2.67 14.8 2.10 16.2 2.01 
Point 4 18.4 3.57 16.9 2.39 15.5 2.58 
Point 5 10.8 1.68 9.53 1.48 10.1 1.39 
Point 6 13.3 2.94 12.9 2.02 11.6 2.45 

5. Conclusions 

In this study, the amplitude change of the steady-state vibration response under harmonic 
excitation is used to diagnose transformer windings, which is based on the relationship between 
load current and nature frequency change for operating transformer windings. In the experiment, 
the impact test was performed on an on-load winding structure, and the results show that the 
natural frequency is increased with the increase of load current, which leads to the change of the 
steady-state response. Both natural frequency change rate and amplitude change rate (𝐴𝐶𝑅) can 
be used to assess the winding clamping force of the experimental transformer. In the field tests, 
two typical transformers were compared, including one normal sample and one degraded sample. 
The results show that the amplitude change of the degraded transformer is more significant than 
that of the normal transformer under similar load fluctuations. In order to identify the slight change 
of vibration amplitude caused by current fluctuation, subspace-based method is used to fuse the 
vibration feature sequence of multiple points related with the same windings. The results show 
that the 𝐴𝐶𝑅 slope of the degraded transformer is larger than that of the normal transformer. 
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