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Abstract. The article describes a new method of evaluating vibroisolation efficiency in terms of 
power distribution of structural forces. It reports results of a study of power distribution of 
structural forces in a mechanical system with one degree of freedom. The analysis uses the First 
Principle of Power Distribution in a Mechanical System to obtain a distribution of input power 
into three kinds of powers: the power of inertia, the power of dissipation and the power of 
elasticity. The sum of these three kinds of powers gives the total power introduced into the 
mechanical system by the driving force. RMS values of the three kinds of power and the total 
power were computed depending on a dimensionless frequency in the range from 0 to 5. They 
were then used to calculate the value of the function of energy efficiency of passive vibroisolation 
defined as a ratio of total power introduced into the system by the driving force to the power of 
elasticity depending on the dimensionless frequency. The study revealed that vibroisolation is 
efficient when the value of energy efficiency exceeds 11.8. 
Keywords: vibroisolation, power distribution in mechanical systems, energy efficiency. 

1. Introduction 

So far the efficiency of passive vibroisolation has been determined in the amplitude domain 
with respect to forces (force vibroisolation) or displacements (displacement vibroisolation). Its 
value, calculated for specific conditions of the driving force and dynamic parameters of the 
mechanical system, represents the degree of reduction in force or displacement amplitudes after 
passing through the vibroisolation system. 

The efficiency of vibroisolation is the inverse of transmissibility, whose value shows what part 
of amplitudes of the force or displacement in the source is transmitted to the protected equipment 
[1-6]. 

The present article discusses the efficiency of vibroisolation using a new approach. The 
efficiency of vibroisolation is defined in the power domain based on calculations of the 
distribution of the input power of the driving force into the powers of resistance resulting from 
inertia, dissipation and elasticity, which are generated in the elementary mechanical system. By 
defining the efficiency of vibroisolation in the power domain, it is possible to account not only for 
the value of forces and displacements but also the system’s operating speed [7, 8].  

2. The classic definition of vibration isolation efficiency  

The classic approach to calculating vibration isolation efficiency of a mechanical system with 
one degree of freedom is to determine the inverse of transmissibility using the following formula: 

௩௜௕௥௢௜௦௢௟௔௧௜௢௡ܨܧ = ܴ௕௔௦௘ܨ௥௘ௗ.௔௠௣௟. = ܼ଴ܣ଴ = ඨ(1 − ଶ)ଶߜ + ଶ1ߜଶߦ4 + ଶߜଶߦ4 , (1) 

where: 
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ߜ = ߱௪߱଴ = ௪݂݂଴ = ߱௪ඨ݉௭݇௭ = ߨ2 ௪݂ඨ݉௭݇௭ , (2)

dimensionless frequency of vibrations in a mechanical system, ߱௪ and ଴݂ – circular frequency in 
rd/s and frequency in Hz of the driving force, ߱଴ and ଴݂ – circular frequency in rd/s and frequency 
in Hz of undamped free vibrations, ߦ = ௖೥ଶඥ௠೥௞೥ – the degree of damping in a mechanical system, ݉௭  – reduced, equivalent mass coefficient, ܿ௭  – reduced, equivalent damping coefficient, ݇௭  – 
reduced, equivalent elasticity coefficient. 

The degree of damping in vibration isolation systems should be low, since damping in the 
range of frequencies related to effective vibroisolation is not desirable. The most commonly 
accepted value is 0.1. Fig. 1 shows the function of vibroisolation efficiency for two values of the 
degree of damping ߦଵ = 0.01 and ߦଶ = 0.1. With respect to vibroisolation at ߜ > √2 , the 
efficiency of vibroisolation is greater for a lower degree of damping, which confirms the validity 
of the above postulate – see Fig. 1. 

Introducing small damping in vibration isolation systems is desirable, although it decreases 
vibroisolation efficiency. The decrease is not significant and the mechanical system becomes more 
stable. Moreover, the use of small damping decreases the amplification of the amplitude of 
reaction forces of the foundation or vibratory displacements of the protected equipment in the 
frequency range below ߜ < 1.41, i.e. at the below-resonant and resonant frequency – Fig. 1. In 
this range, damping also has a positive effect on reducing dynamic stress in elastic elements, 
especially when the system is passing through resonant frequency during start-up and coast-down. 

Fig. 1. The efficiency of passive vibroisolation as a function of dimensionless frequency ߜ and degree of 
damping ߦ determined in the amplitude domain of forces and displacements 

After analyzing the function of vibroisolation efficiency for a mechanical system with one 
degree of freedom Eq. (1) it is evident that efficiency is strongly dependent on the value of 
dimensionless frequency ߜ. Its value, in turn, depends, according to Eq. (2), on the ratio of the 
frequency of the driving force to the frequency of undamped free vibrations ߱଴ in a mechanical 
system, which is a characteristic of an elastically connected damper (vibroisolation) of the 
protected equipment. In the frequency range of ߜ less than √2 negative values of vibroisolation 
efficiency are obtained, which results in the amplification of forces and displacements affecting 
the protected equipment.  

In order to move to the domain of power distribution in the dynamic structure of mechanical 
systems it was necessary to define energy-related quantities, which would provide a holistic 
description of the vibroisolation properties of vibration isolation [7, 8]. 
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3. Energy efficiency of vibroisolation as a new method of its assessment  

This article presents a new approach to determining the efficiency of vibroisolation in a 
mechanical system in a new domain, namely power distribution and energy flow in its dynamic 
structure.  

The theoretical basis for power distribution in the dynamic structure of a mechanical system 
is provided by the First Principle of Power Distribution in a Mechanical System, first formulated 
in 1998 [7, 8]. It states: „The net input power introduced into the mechanical system (after 
subtracting the power of dissipation) is equal to the reflected power (accumulated or stored) in the 
system and the output power generated by the system”. It can be expressed mathematically as the 
equation of momentary power: 

௜ܲ௡(ݐ) − ௟ܲ௢௦௦(ݐ) = ௥ܲ௘௙(ݐ) + ௢ܲ௨௧(ݐ), (3) 

where: ௜ܲ௡(ݐ)  – input power introduced to a mechanical system, ௟ܲ௢௦௦(ݐ)  – the power of 
dissipation in a mechanical system, ௥ܲ௘௙(ݐ) = ௜ܲ௡௘௥௧.(ݐ) + ௘ܲ௟௔௦௧.(ݐ)  – reflected power in a 
mechanical system, ௜ܲ௡௘௥௧.(ݐ) – the power of inertia in a mechanical system, ௘ܲ௟௔௦௧(ݐ) – the power 
of elasticity in a mechanical system, ௢ܲ௨௧(ݐ) – output power of a mechanical system. 

By applying the principle to a mechanical system with one degree of freedom, the following 
equation of power can be derived: ܨ௜௡(ݐ)ݔሶ (ݐ) − ሶݔ]ܿ ଶ[(ݐ) = ሶݔ(ݐ)ሷݔ݉ (ݐ) + ሶݔ(ݐ)ݔ݇ (ݐ) + ሶݔ(ݐ)௢௨௧ܨ .(ݐ) (4) 

In the case of vibroisolation of free mass „݉” excited by force ܨ௜௡(ݐ), input power ௢ܲ௨௧(ݐ) is 
equal to 0, since the foundation is motionless and its velocity is equal to 0. In this case, the equation 
of power can be transformed into Eq. (4a): ܨ௜௡(ݐ)ݔሶ (ݐ) − ሶݔ]  ܿ ଶ[(ݐ) = ሶݔ(ݐ)ሷݔ݉ (ݐ) + ሶݔ(ݐ)ݔ݇ .(ݐ) (4a) 

Subjecting Eq. (4a) to further transformations, i.e. dividing by input power and multiplying by 
100 %, one arrives at Eq. (5) expressing the percentage distribution of power in the dynamic 
structure of a mechanical system with vibration isolation, in the following form: ݉ݔሷ(ݐ)ݔሶ ሶݔ(ݐ)௜௡ܨ(ݐ) (ݐ) 100 + ܿ ሶݔ] ሶݔ(ݐ)௜௡ܨଶ[(ݐ) (ݐ) 100 + ሶݔ(ݐ)ݔ݇ ሶݔ(ݐ)௜௡ܨ(ݐ) (ݐ) 100 = 100 [%]. (5) 

Given the equality of input power to the sum of individual powers, Eq. (5) can be expressed 
as Eq. (6): ݉ݔሷ(ݐ)ݔሶ ሶݔ(ݐ)ሷݔሼ݉(ݐ) (ݐ) + ሶݔ]  ܿ ଶ[(ݐ) + ሶݔ(ݐ)ݔ݇ ሽ(ݐ) 100 + ܿ ሶݔ] ሶݔ(ݐ)ሷݔଶሼ݉[(ݐ) (ݐ) + ܿ ሶݔ] ଶ[(ݐ) + ሶݔ(ݐ)ݔ݇ ሽ(ݐ) 100       + ሶݔ(ݐ)ݔ݇ ሶݔ(ݐ)ሷݔሼ݉(ݐ) (ݐ) + ܿ ሶݔ] ଶ[(ݐ) + ሶݔ(ݐ)ݔ݇ ሽ(ݐ) 100 = 100 [%]. (6)

In order to calculate percentage shares of individual types of power changing over time, their 
RMS values were calculated. This can be expressed as Eq. (7). The equation can be simplified as 
Eq. (8) using substitute symbols.  

Fig. 2 shows curves representing the percentage distribution of RMS values of three types of 
powers calculated for a system with one degree of freedom as a function of dimensionless 
frequency ߜ. They were calculated for a mechanical system, assuming the following parameters: ݉ = 15 [kg], ߦ = 0.1, ݇ = 5000 [N/m], (ݐ)ܨ =  200sin[(2ߨ ௪݂)ݐ] [N], ߜ in the range from 0 to 5. 

By analysing the curves representing the percentage distribution of individual types of power 
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as a function of dimensionless frequency, one can explain the phenomenon of power distribution 
in a dynamic structure of a mechanical system: 

ට1ݐ ׬ ሶݔ(ݐ)ሷݔ݉] ݐ௧଴ቊට1ݐଶ݀[(ݐ) ׬ ሶݔ(ݐ)ሷݔ݉] ଶ௧଴[(ݐ) ݐ݀ + ට1ݐ ׬ ሼܿ  [ݔሶ ௧଴ݐଶሽଶ݀[(ݐ) + ට1ݐ ׬ ሶݔ(ݐ)ݔ݇] ௧଴ݐଶ݀[(ݐ) ቋ 100
      + ට1ݐ ׬ ሼܿ  [ݔሶ ݐ௧଴ቊට1ݐଶሽଶ݀[(ݐ) ׬ ሶݔ(ݐ)ሷݔ݉] ଶ௧଴[(ݐ) ݐ݀ + ට1ݐ ׬ ሼܿ  [ݔሶ ௧଴ݐଶሽଶ݀[(ݐ) + ට1ݐ ׬ ሶݔ(ݐ)ݔ݇] ௧଴ݐଶ݀[(ݐ) ቋ 100 
      + ට1ݐ ׬ ሶݔ(ݐ)ݔ݇] ݐ௧଴ቊට1ݐଶ݀[(ݐ) ׬ ሶݔ(ݐ)ሷݔ݉] ଶ௧଴[(ݐ) ݐ݀ + ට1ݐ ׬ ሼܿ ሶݔ] ௧଴ݐଶሽଶ݀[(ݐ) + ට1ݐ ׬ ሶݔ(ݐ)ݔ݇] ௧଴ݐଶ݀[(ݐ) ቋ 100 
      = 100 [%], 

(7)

௜ܲ௡௘௥௧(ܴܵܯ)்ܲ(ܴܵܯ) 100 + ௟ܲ௢௦௦(ܴܵܯ)்ܲ(ܴܵܯ) 100 + ௘ܲ௟௔௦௧(ܴܵܯ)்ܲ(ܴܵܯ) 100 = 100 [%], (8)

where: ்ܲ(ܴܵܯ) = ௜ܲ௡௘௥௧(ܴܵܯ) + ௟ܲ௢௦௦(ܴܵܯ) + ௘ܲ௟௔௦௧(ܴܵܯ) – ܵܯܴ   value of total input 
power introduced into the mechanical system by the driving force equal to the sum of RMS values 
of individual types of power. 

 
Fig. 2. Distribution of individual types of power (RMS) in the dynamic structure of a mechanical system 

with passive vibroisolation as a function of dimensionless frequency ߜ 

At frequency close to 0, the share of the power of elasticity is nearly 100 %, which implies 
that the whole power of the driving force is used to overcome the restoring force of the 
vibroisolation system. The power of elasticity of the vibroisolation system can be an energy 
measure of the power level that elastic elements are subjected to. As frequency ߜ of the driving 
force increases, so does the power of inertia and dissipation in the system. The power of elasticity, 
in contrast, declines monotonically in the range of under-resonant frequencies ߜ < 1. 

At frequency ߜ equal to 1, the power of elasticity reaches the same level as the power of inertia, 
while the power of dissipation reaches its peak. It is the resonant frequency of a mechanical system 
mounted on a vibroisolation system. In this particular example, at resonant frequency, the first 
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two types of power reach 42.5 % of input power, while the power of dissipation reaches a 
maximum value of 15 %. 

From the point of intersection of between the curves showing the percentage share of the power 
of elasticity and inertia, the share of the power of elasticity continues to decrease monotonically, 
while the share of the power of inertia increases. This implies that the amount of power transferred 
to elastic elements declines, while the power of inertia increases, constituting the main component 
of the dynamic resistance in the frequency range (1, ∞). The higher the frequency is, the lower 
the power of elasticity. For the value of ߜ = 5 in Fig. 1, the power of elasticity accounts for only 
5.7 % of total input power. This means that vibroisolation systems characterised by a high value 
of dimensionless frequency ߜ can achieve high efficiency of vibration isolation.  

The power of dissipation also declines monotonically starting from (resonant) frequency  ߜ = 1 and tends to 0 for ߜ = ∞.  
Knowing the energy phenomena occurring in the dynamic structure of a mechanical system 

with vibroisolation, vibroisolation efficiency can be defined in a number of ways. One of them is 
presented below.  

The value of vibroisolation efficiency of isolation systems in mechanical systems can be 
determined on the basis of the ratio of RMS input power introduced into a mechanical system with 
vibroisolation to the RMS power of elasticity, which is an energy measure of the power flowing 
through the support (elastic) structure of a mechanical system. Adopting this definition, energy 
efficiency of vibroisolation (ܧܧ௩௜௕௥௢௜௦௢௟௔௧௜௢௡) can be expressed as: 

௩௜௕௥௢௜௦௢௟௔௧௜௢௡ܧܧ = .(ܵܯܴ)௘ܲ௟௔௦௧(ܵܯܴ)்ܲ (9) 

Its value describes how much the power of the restoring force is smaller than the total input 
power introduced into a mechanical system with vibroisolation by the exciting force. The higher 
its value, the greater the efficiency of the vibroisolation system designed to reduce the impact of 
vibration on the elastic elements of support structure of the protected equipment. 

4. Results 

The results of calculating energy efficiency of the passive vibroisolation system for parameters 
given above expressed as a function of dimensionless frequency ߜ are presented in Fig. 3. The 
value of energy efficiency for frequencies close to is equal to 1. This means that the whole power 
of the exciting force is absorbed by forces of elasticity, with the same amount of power. 

 
Fig. 3. Energy efficiency of a vibroisolation system depending on dimensionless frequency of vibrations  

in a mechanical system, for degree of damping ߦ = 0.1 
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As frequency increases, so does the efficiency of energy vibroisolation. At frequency ߜ = 1, 
that is at the resonant frequency of the mechanical system, the efficiency of vibroisolation, defined 
by Eq. (9) equals 2.3. This corresponds to a 2.3-fold decrease in the value of forces of elasticity. 
It should be noted that this value refers to the total power introduced into the mechanical system 
by the driving force.  

After passing through the mechanical resonance of the system, the efficiency of energy 
vibroisolation continues to grow monotonically. At frequency ߜ = 3.7, when the reduction in 
forces and displacement amplitudes reaches the value of 10, energy efficiency amounts to 11.8.  

Energy-related assessment of the reduction in forces (force vibroisolation) or displacements 
(displacement vibroisolation) indicates that efficient vibroisolation used in practice starts when 
the power of the driving force is reduced 11.8 times after passing through the vibroisolation system. 
Consequently, the amount of power transferred to the elastic elements of the system is 11.8 times 
smaller in relation to the power of the input force.  

 Energy efficiency defined in the power domain with respect to forces acting in a mechanical 
with vibroisolation system can be described as the efficiency of reducing the power in a 
vibroisolation system, comparing the power of the source with the power of elasticity, which 
characterizes the power absorbed by elastic elements of the support structure of the passive 
vibroisolation system. 

When one compares vibroisolation efficiency defined in the domain of force or displacement 
amplitudes shown in Fig. 1 with vibroisolation efficiency defined in Eq. (9) above, it can be 
noticed that a reduction in the force impact on the foundation in a mechanical system with 
vibroisolation will become evident when the power of elasticity is 3.4 smaller than the power of 
the exciting force. From that moment onwards, at ߜ =1.41, the reduction in the impact of vibration 
will continue to increase with growing energy efficiency of the system in question. For energy 
efficiency of 11.8, the reduction in the force impact on the foundation will be equal to 10. This 
corresponds to ߜ = 3.7. 

A system of passive vibroisolation with this kind of performance can be regarded as efficient. 
Increasing dimensionless frequency will further improve the efficiency of force and energy 
vibroisolation. At frequency ߜ = 5 the efficiency of force vibroisolation equals 17, while the 
efficiency of energy vibroisolation is equal to 17.5. 

5. Conclusions 

Based on an energy analysis of a mechanical system with one degree of freedom with 
vibroisolation, the following conclusions can be drawn: 

1) Energy analysis of the power distribution in the dynamic structure of the system in question 
helps to explain the phenomenon of power distribution as a function of dimensionless frequency ߜ and degree of damping ߦ. 

2) The structural power distribution in a mechanical system with vibroisolation with one 
degree of freedom depends, above all, on dimensionless frequency ߜ. 

3) The percentage share of individual types of forces of dynamic resistance shows different 
patterns with increasing frequency of vibrations: 

3a) The power of inertia increases monotonically from 0 with increasing frequency ߜ, 
3b) The power of dissipation increases until ߜ = 1, which is the resonant frequency of the 

mechanical system, and reaches its maximum and then declines asymptotically to 0 as frequency 
tends to 0, ߜ = ∞, 

3c) The power of elasticity decreases monotonically from its maximum at ߜ ≈ 0 to 0 as 
frequency tends to 0, ߜ = ∞, 

3d) The powers of inertia and elasticity are equal at the resonant frequency, i.e. ߜ = 1. 
4) Energy efficiency of vibroisolation – defined as a ratio of total (input) power introduced 

into a mechanical system by the exciting force to the power of elasticity in the system – increases 
monotonically from 1 to 17.5, as frequency ߜ changes from 0 to 5 and degree of damping ߦ = 0.1. 
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5) The power of elasticity is a good measure of the energy absorbed by elastic elements of the 
vibroisolation system and should be as low as possible. 

6) Energy vibroisolation can be considered efficient when its value reaches or exceeds 
value 11.8.  

Research in the domain of power distribution and energy flow in various systems of vibration 
reduction will be continued.  
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